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ample 1

නሺsinିଵ ሻଶൌݔ ሺsinିଵ ሻൌݔ 2ሺsinିଵ ݒݑݔ െ න ݑ݀ ݒ
ሺsinିଵݔ ሻଶݔ
න 1√ݔ2 െ ଶ ൌݔ sinିଵ ݔ      ൌ 1√1 െ ଶݔ  ݀െ2ඥ1 െ ଶൌݔ െ2√1 െ ሺsinିଵݔݔ ሻଶݔ

න secିଵsecିଵ ݔ2 ݔ        ൌ ଵ௫√௫మିଵ ݒݑݔ݀  െ න ଶݔݑ݀ ݒ secିଵ ݔ െݔଶ secିଵ ݔ െݔଶ secିଵ ݔ െݔଶ secିଵ ݔ െ

ample 2

(

1 Eva

ଶ݀ݔ ሻଶ                  ݔሻ ∙ 1√1 െ  ݑଶݔ

െ න 1√ݔ2 െ sinିଵ ݔ                  ݔ݀                    ݔ݀ 
ଶ sinିଵ ݔ ݔଶ sinିଵ ݔ  2ඥ1 െ ݔ

ݔ െ ݑ                    ݔ                     ݔ݀ න ଶݔ√ݔ െെ 12 න ଶݔ√ݔ2 െെ 12 ∙ 2 ඥݔଶെ ඥݔଶ െ 1 

2 Eva

(18)   8

aluate  the 

                    
ଶ             ݔ݀ 
ଶ  sinିଵݔ ݒ݀        ݔݔ ൌ ݒ         √ ൌ െන 2  ݔ݀  ݔ2  ܿଵ ݔଶ sinିଵ ݔ െ

ݒ           ݒ݀               ൌ ݔ
1 െݔ ݔ݀  1 െ ݔ݀  1  ܿ  ܿ 
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ample 3

න ሺlnݔ ሻଶݔ ݀ሺln ሻଶ         ൌݔ ݔ2  lnሺݔሻ ݒݑ݀  െ න 12ݑ݀ ݒ ଶݔ lnሺݔሻଶන ln ݔ ݔ lnݔ݀ ݔ               ൌ ݔ1 ଶݔ 12          ݔ݀  ln ݔ െ12 ݔଶ ln ݔ െ12 ଶݔ ln ଶݔ െ
ample 4

න lnሺݔ  1ሻ√ݔ  1lnሺݔ  1ሻ  ൌ ݔ1  1 ݒݑ  ݔ݀  െ න ݔ√2ݑ݀ ݒ  1 lnሺ2√ݔ  1 lnሺ
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3 Eva

െ ݑ                  ݔ                     ݔ݀ න ln ݔ െ                                         ݔݔ  12 න ݔ െ ݔ݀  14 ଶݔ  ܿଵ 12 ݔଶ ln ݔ 
4 Eva

ݔሺ ݑ                                         ݔ݀  1ሻ െ 2ሺݔ  1ሻ െ 4

1   Integrati

 5168855

aluate  the 

ݒ݀    ൌ ݒ      ݔ݀ݔ ൌ 12 ݔ
 ݔ݀

ݒ݀        ൌ ݒ          ݔ ൌ 12
 14 ଶݔ  ܿ 

aluate  the 

ݒ݀           ൌ          ݒ ൌ 2
2 න ݔ√1  ݔ√14  1  ܿ
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integral 

 ଶݔ ݔ

 ଶݔ 12 ݔ݀ ݔ

integral 

ଵ√௫ାଵ ݔ√2 ݔ݀  1 

 ܿ ݔ݀

(B)             

              

න ሺlnݔ ݔ
Solution

න lnሺݔ √ݔ 
Solution

ൌ

                  

              

ሻଶݔ  ݔ݀

 1ሻ 1  ݔ݀

ൌݔ ݔ√1  1 ∙ √

                  

    غانم سام

ݔ1  1 ∙ ݔ√2
ݔ√  1 ∙ ݔ√2
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 ݔ√ 1  1 ൌ ݔ√
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ܫ = න
ܫ = නܫ = නݑ = ݑ13݀ ܫ= = ܫݑ = −
     =     =
 

ample 5

න ݁√௫ ݔ√ ݔ݀              →න ݐ2  ݁௧ ݀ݐ = =              ݐ2 ݒݑ            ݐ2݀ − න ௧݁ ݐ2ݑ݀ ݒ −  2 න2ݐ ݁௧ − ௫√݁ ݔ√2݁ 2 −
ample 6

න ହ݁ି௫యݔ ݔ݀
න ଷ݁ି௫యݔ ∙ නݔ 13 ݐ  ݁ି௧ ݀13ݐ =                 ݐ 13 ݒݑ           ݐ݀ − න 13−ݑ݀ ݒ ௧ି݁ ݐ + 13−13 ௧ି݁ ݐ −−13 ଷ݁ି௫యݔ
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→ ଶݐ            =
න ݑ                                          ݁௧ ݀ݐ ݁௧ + ܿ 2݁√௫ + ܿ 

6 Eva

ݐ ݔ = ଷݔ 13 ݑݒ                  ݒ݀                ݐ ݔଶ݀ݔ  න ݁ି௧ ݀13 ݐ ݁ି௧ + ܿ − 13 ݁ି௫య +
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aluate  the 
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Solution
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Solution
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ܫ = න   ݑ ݑ݀= ܫ= = ݑ
ܫ = ൦
5 = 
5 = 14 නଵ

න ඥଵݔ


ample 7

න ݔ√ cos ݔ√ݔ√         →    2 න ଶݐ  cos =ݐ =               ଶݐ ݒݑ          ݐ݀ݐ2 − න ଶݐ2ݑ݀ ݒ sin ݐ − නන ݐ2 sin ݐ  ݀= =            ݐ2 cos ݐ2−          ݐ2݀ cos ݐ2−ݐ ݐ += ଶݐ2 sin ݐ +
ample 8

  July 23 ,
2011 

න ඥ1ݔ − ݂ଵ
= ඥ1 − ݂ሺݔ= −݂′ሺݔሻ2ඥ1 − ݂ሺݒݑݔ −  ݑ݀ ݒ

൦12 ଶඥ1ݔ − ݂
12 ሺ1ሻଶඥ1 −
12 ඥ1 − ሺ−ݔଶ݂′ሺݔሻඥ1 − ݂ሺݔሻݔଶ݂′ሺݔሻඥ1 − ݂ሺݔሻ ݀
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7 Eva

ݔ ଶݐ         ݔ݀ = ݐݔ න ݑݒ                    ݀                  ݐ݀  ݐ2 sin ݐ +ݒ                 ݒ݀                ݐ݀݀  2 න cos +ݐ 2 sin ݐ ++ cos ݐ2 ݐ −
8 Suppo

, න ඥଵݔ


ሺݔሻ݀ݔ ሻ                   
ሻݔ  ݑ          ݐ݀ݐ

݂ሺݔሻ൪

ଵ + 14

− ݂ሺ1ሻ − 0൨
3ሻ − 0൨ + ݔ14݀ = 5 − 1
ݔ = 16 

1   Integrati

 5168855

aluate  the 

→           ݔ    
ݒ = cos ݐ ݒ݀  = sin  ݐ

 ݐ݀

= sin ݐ =ݐ݀  − cos ݐ ݐ − ଵܿ ݐ݀  2 sin ݐ +
se that  ݂ 

ඥ1 − ݂ሺݔሻ
ݒ               ݒ݀              =
න ඥ1ݔଶ݂′ሺݔ − ݂ଵ


൨ + 14 න ඥ1ଵݔ

14 න ଶ݂′ሺඥ1ݔ − ݂ଵ
1 

on by parts

             

integral 
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ሻ1ݔଶ݂′ሺݔ − ݂ሺݔሻ ሻݔሻ݂ሺݔሺݔ݀  ݔ݀
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න ݔ√ co
Solution

  ݔ݀ 
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Find න
Solution
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න ଶ݂′ሺඥ1ݔ − ݂ଵ
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le on ሾ 0 , 1ሺݔሻ݂ሺݔሻ  .ݔ݀

          P4 

حس
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1 ሿ  with ݂
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(18)   8.1   Integration by parts(B)                                                           P5 

 65168855                                              غانم حسام 

Homework 
 

1 Evaluate  the following integral න tanିଵ ݔ3 December  2000  22 ݔ݀

2 Evaluate  the following integral න ݔ tanିଵ ଶݔ December  2003  31 ݔ݀

3 Evaluate  the following integral න secିଵ ݔ  ݔ݀

4 Evaluate  the following integral න ln ݔ  ݔ݀

5 Evaluate  the following integral නሺln ሻଶݔ July  2004  34 ݔ݀

6 Evaluate  the following integral න ଶሺlnݔ ሻଶݔ June  2005  36 ݔ݀

7 Evaluate  the following integral න ଷ݁௫మݔ  ݔ݀

8 
Evaluate the following integral : 
 (3 ଵଶ  points ) න ଷሺlnݔ ሻଶݔ Dec. 15, 2009  50 ݔ݀

9 Use integration by parts to show that    
[2 marks] න ሺ1 − ln ଶݔሻݔ ݔ݀ = ln ݔݔ + July 24, 2010  52 ܥ

10 ( 3 pts. ) Evaluate the following integral න ଶݔ sinh ݔ Dec. 2010 11  53 ݔ݀

11  Evaluate the following integral න √ ݔ tanିଵ √ ݔ 12/05/2011  54 ݔ݀

12 Evaluate the following integrals.  ( 3 pts) න cosሺln ሻݔ July 23 , 2011  55 ݔ݀ 

12 
54  12/05/2011

Use integration by parts to evaluate the integral න ݂ሺݔሻ݀ݔ where ݂ሺݔሻ = න sin ݐݐ ௫ݐ݀
ଵ  

13 Evaluate  the integral න arcsin ݔ√ ݔ݀  5   May  1996

 


